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11. M
(
f (x), f (y)

)
= f

(
M (x, y)

)
.

Here,M (x,y) =ϕ−1
(

ϕ(x) + ϕ(y)
2

)
is the quasi-arithmetic mean for a continuous strictly monotonic

functionϕ, andϕ−1 is the inverse ofϕ.
Solution:

f (x) = ϕ−1(aϕ(x) + b
)
,

wherea andb are arbitrary constants.
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